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AITANTHZXEIX XTO ATIATONIEMA MAGHMATIKQN KATEYOYNXHX THX
I” AYKEIOY

OMAAA A’

®EMA A

Kvgtaxn 9 ®defoovagiov 2014

Al. Oewola oX0AKOU BpAlov.
A2. Oewola oxoAucov BiAlov.
A3. Ocwola oxoAucov PipAiov.

Ad. o)A
B) A
VI
o)L

OEMA B

B1. Eotw z=x+yi x,y €R

lz-i|=1+Im(z) & .. y:ix2

B2. Eotw w=x+yi, X,y €R
2

w(w+3i)=i(3w+i) e ..o x”+(y-3) =8

B3. Avvovpue to Zvotnpa

_Le 2 1
7y ...{X‘ y=

x2i(y-3)=g| *X=72 =l

Aoa A(2, 1), B(-2, 1) eivat tax kowvé onueio.
B4. K(0, 3) ontdte

(AK) =20 +(1-3)" =B =22
(BK)=(-2-0) +(1-3)' =\B=2V2
(4B)=(2+2) +(1-1)" =16 =4

A
(AK)=(BK) omtote ABI"



A
(AK) +(BK) =8 ++8 =16=(AB)’ onéte ABT 0pBoyvio.

OEMAT

I'L. 2xf(x)+x2t ' (x)-3x>= -f'(x) )

2xf(x)+H(xH1)E /(x)=3x2N

[HDE(X)]=(x®) omote (x*+Df(x)=x>+c ceR, xeR
INa x=1: 2f(1)=1+c 1} c=0

3

Omorte f(x) =

—,X€eR
X

2( 2 U3
r2. (0= (x'+1) XX I XTI kBt x e (<o0,0) U (0, 490).
(x2+1) (x2+1) (x2+1)

Ertedn) f eivat ouvexnc oto R téte f T oto R.

3 3

I3. lim = lim —— = lim = = lim x = +a

Xx—>+0 x40 X 4] X—=+0 X X —>+0

f 3
lim { (f) -nux} = lim { 4X -nux} =0 (Epaguolovpe kortrolo mapePBoANG)

X—>+0 X X—>+o| X + X2

I'4. Emteldn 1) f etva yvnoiwg av&ovoa etvat:
5(x2+1) ~8<8(x> +1) 1
5(x2+1) <8(x*+1) +8 1

®EMA A

Al. Epagpolovpe OMT yix v f oo [«, B].
A2. Edpappolovpe ©. Bolzano y v g(x):f(x)-a—B+x oo [a, B].
A3. Epappolovpe OMT ota duxotrpata [a, xo] [xo, B].

A4. Epappolovpe ©. Rolle yix v h(x)=xt’(x)-x oo [«, B].
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OMAAA B’

OEMA A
Al. Ocwola oX0AKOU BPpAlov.
A2. Oewola oxoAucov BiAlov.
A3. Ocwola oxoAucov PiAiov.
Ad. o)X

B L

Y) A

o) X
®OEMA B
B1. weI<:>=W—QC>Z—_1:—E—_1<:>...<:>Z-2=1<:>|Z|=1

z+1 z+1

4
B2. (z—lj :(Z—E)4 =(2yi)4 =4-y*-c* =4y’ eR 6mov z=x+yi,x, yeR
z

B3. (lJrij(zl +z2):(21 +Ez)(zl +22):|z1 +z2|2 <4

2 7
Opwg |z1 +z2| S|Zl|+|Z2| =1+1=0

Omorte |z1 +z2|2 =4

B4. Eotw u=x+Yi, X,y €R kat w eR dnAadf w=pitote u—ui=—-w ... x’ —y> =1
w

OEMAT
r. fo(x)- 223240
e
[Moémel f'(l)z_—1 1 2717k A e u=2.

€ c c



INa p=2 n epamnropévn g cf oto M(1, £(1)) etvar y = —ix+i.
e e

C2x—x"-2  —x"+42x-2
- e” - e’
oTote —x*+2x-2<0 Yy k&dOe x eR .

Axpotata dev LTTAQXOLV.

I2. a) f'(x) <0 ywx k&Be xeR apov A=22-4(-1)(-2)=4-8= -4<0

~+00
2 -

B) lim f(x)= lim £ 1-2 2 lim [(X2+2)ix}:(+oo)(+oo):+oo

X—>—00 e X—>—00 e

2 5t
lim £(x) = lim 22 2 lim 2X = lim = =0

X—>+00 Xx—>+0 @ X+ @ X—>+00 ex

Y) To ovvodo tpwv g f etvar f(A) =(0, +0). To 2014 megiéxetar oto f(A) omdte 1
e&lowon f(x)=0 éxel pa TovAdixioTtov Qila oo A mov eivar povadiky yiati £ 4 oto A=R.

®EMA A

AL f'(x)zﬁ H 362 (x) ' (x)+£'(x) =2 1

(f3(x)+f(x))'=(2x) doa £ (x)+f(x)=2x+c, ceR
I x=0: £3(0)+£(0)=2- ¢ 1] c=0 omoTe £5(x)+H(x)=2x

A2, f'(x)= 2# >0 via kabe xeR omote fT oo R omdte kar 1-1 doa
37 (x)+1
AVTIOTEEPETAL
, , : , 3 (-l 1 - f el X’ +x
Oétovpe 6mov X 10 f1(x) omorte f (f (x))+f(f (x)):2f (x)nf'(x)= 5

A3. T x=-1: £(-1)+(-1)=2(-1)
f(-1)[f2(-1)+1]= -2 omdre £(-1)<0

x=2: £3(2)+{(2)=22 1)

£(2)(£3(2)+1)=4 omote £(2)>0

Aoa £(-1)£(2)<0 xat adov f ovvexnc oto R and Oewonua Bolzano vmdoyxel TovAaxiotov
éva x, €(—1,2) tétoto ot f(xo)=0.

1
J:#X)de = [ 'x)dx = [f(x)]0 —f(1)-f(0). Tx x=1 edaouolovpe FL)H(1)=2 1
£3(1)+£(1)-2=0. Epappolovpe Lxnua Horner kat f(1)=1 omote J:ﬁdx =1-0=1.

X)+



